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In-memory processing offers a promising solution for enhancing the performance of data-intensive applications. While analog in-memory
computing demonstrates remarkable efficiency, its limited precision is suitable only for approximate computing tasks. In contrast, digital
in-memory computing delivers the deterministic precision necessary to accelerate high-assurance applications. Current digital in-memory
computing methods typically involve manually breaking down arithmetic operations into in-memory compute kernels. In contrast,
traditional digital circuits are synthesized through intricate and automated design workflows. In this paper, we introduce a logic synthesis
framework called LOGIC, which facilitates the translation of high-level applications into digital in-memory compute kernels that can be
executed using non-volatile memory. We propose techniques for decomposing element-wise arithmetic operations into in-memory kernels
while minimizing the number of in-memory operations. Additionally, we optimize the sequence of in-memory operations to reduce
non-volatile memory utilization. To address the NP-hard execution sequencing optimization problem, we have developed two look-ahead
algorithms that offer practical solutions. Additionally, we leverage data layout re-organization to efficiently accelerate applications that
heavily rely on sparse matrix-vector multiplication operations. Our experimental evaluations demonstrate that our proposed synthesis
approach improves the area and latency of fixed-point multiplication by 84% and 20% compared to the state-of-the-art, respectively.
Moreover, when applied to scientific computing applications sourced from the SuiteSparse Matrix Collection, our design achieves

remarkable improvements in area, latency, and energy efficiency by factors of 4.8, 2.6 x, and 11x, respectively.
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1 Introduction

In the past decade, there has been an enormous surge in the volume of digital data worldwide [14, 49, 60]. This
abundance of data has given rise to data-driven applications like large language models (LLMs) [7], computer vision [64],
metaverse [2] and digital twin [28]. These new applications are fueling innovations across various fields, including military
applications [5, 39, 54], intelligent transportation systems [38, 48], medical applications [59, 65], and industries [27, 29].
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2 Rashed et al.

Table 1. Area-Latency costs for 32-bit arithmetic operations for manual design based approach and the proposed synthesis
based approach. LOGICpyseiine is the preliminary version of the proposed framework which was published in [45].

Arithmetic Work in Approach Area Latency
Operation (# of Intermediate (Time Steps)
Storage)
Addition [57] manual 351 385
Addition LOGICpygeiine 1451 synthesis 62 322
Addition LOGIC (this work) synthesis 42 322
Improvement over manual approach 88% 16%
Improvement over synthesis approach 2% 0%
Multiplication [16] manual 507 12870
Multiplication LOGICpggeiine 1451 synthesis 126 10046
Multiplication LOGIC (this work) synthesis 106 10046
Improvement over manual approach 79 % 22%
Improvement over synthesis approach 16% 0%

However, these data-intensive applications place immense demands on computational resources, creating an unprecedented
burden on modern computing systems [19, 43, 55]. This challenge is exacerbated by the stagnation in technology scaling,
marked by the end of Moore’s Law and Dennard scaling [12, 62].

As aresponse to this pressing issue of technological stagnation, new computing systems are being developed. Emerging
computing domains such as quantum computing [42], hyper-dimensional computing [18], optical computing [61],
and in-memory computing [63] are ushering in a new era of computational capabilities. Among these, in-memory
computing is gaining significant attention from the research community due to its potential to overcome the von Neumann
bottleneck [67, 68]. In-memory computing has been investigated using both conventional [15, 41] and novel memory
devices [47]. The emerging non-volatile memory technologies are particularly appealing because they allow for complete
in-place computation. Promising non-volatile memory technology include resistive random access memory (RRAM) or
memristor [53, 70], spin-transfer torque magnetic random-access memory (STT-MRAM) [22], phase change memory
(PCM) [6], and ferroelectric hafnium oxide-based FET (FeFET) [1].

In-memory processing can be categorized into two main subdomains: analog and digital in-memory computing [44, 71].
Analog in-memory computing stands out for its exceptional efficiency [13, 20, 36, 52]. However, its analog nature is
inherently limited to approximate results, rendering it unsuitable for high precision demanding scientific simulations [33,
69]. In contrast, digital in-memory computing offers the ability to carry out logical operations with deterministic
precision [8, 66]. Various logic families like IMPLY [4], MAGIC [31], Bitwise-in-Bulk [37], FLOW [26], STREAM [46]
and PATH [58] have been explored within the domain of digital in-memory computing. These logic styles are capable of
accelerating digital circuits and arithmetic operations, including addition, multiplication, and matrix-vector multiplication
(MVM). Notably, the Bit-wise-in-bulk and MAGIC paradigms are particularly attractive for their capacity to perform
parallel execution of bitwise operations. This facilitates the efficient acceleration of highly parallelizable arithmetic
tasks such as MVM [35, 51]. The key distinction between these two logic styles lies in their operational methodology:
bitwise-in-bulk engages peripheral circuitry for processing, whereas MAGIC operates entirely in-memory, storing both
inputs and outputs within the memory. Due to its reduced hardware cost, MAGIC has been focused on a number of recent
architecture-level studies [3, 17, 24, 25, 72].

The core operation within the MAGIC logic style is the execution of NOR operations among data stored in parallel
bitlines (or wordlines). In order to carry out fixed-point multiplication, it is required to break down the computation
into NOR operations. Decomposition of arithmetic operations into MAGIC netlists have been explored using manually
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crafted templates in [16, 57]. In manual approach, the multiplication operation is first decomposed into partial products
and multi-bit addition operations. Subsequently, the multi-bit addition operations are further decomposed into single-bit
additions and eventually into NOR operations. By sequentially adding the partial products, memory utilization was
transformed from quadratic to linear. These manually designed templates have served as the foundational components for
many architectural-level studies [17, 24, 25].

Most digital circuits are designed using automated synthesis workflows comprising numerous intricate design
stages [40]. These synthesis tools convert logical operations into a network of interconnected Boolean gates, with
an emphasis on minimizing both the count of gates and connections. Although custom synthesis methods for
digital in-memory computing have been explored, their applicability has largely been limited to relatively simple
circuits [21, 23, 34, 58]. In this paper, we utilize recent advancements in logic synthesis to map arithmetic operations into
digital in-memory computing kernels.

In this paper, we introduce LOGIC, a logic synthesis framework aimed at mapping arithmetic operations onto digital
in-memory compute kernels. Our framework addresses this mapping challenge through a combination of mathematical
optimization problems and software/hardware co-design principles. The use of automated synthesis instead of manually
designed templates can potentially lead to remarkable improvements in terms of power, latency, and area. We present a
case study showing potential improvements in terms of area and time-steps for arithmetic operations in Table 1. The table
shows a comparison between manual design and synthesis based design for in-memory fixed-point arithmetic operations.
The results in the table shows that the proposed synthesis based approach improves the area (in terms of intermediate
memory storage) by 88% and 79% respectively for 32-bit fixed-point addition and multiplication. It can also be observed
that the latency is improved by 16% and 22% respectively for fixed-point addition and multiplication operations.

The key contributions of LOGIC can be summarized as follows:

(1) First, we propose techniques for breaking down element-wise arithmetic operations into in-memory kernels while
minimizing the total number of required in-memory operations. Our experimental investigations demonstrate that
our approach to in-memory compute kernel synthesis can achieve a 20% reduction in the number of in-memory
operations for fixed-point multiplication.

(2) Second, we present two graph-based methods for optimizing the sequence of in-memory operations to minimize the
utilization of non-volatile memory. In the preliminary version of this work, a greedy algorithm was used to optimize
the sequencing problem [45]. In this work, we develop a node look-ahead and a cone look-ahead algorithm which
achieves further performance improvement. Our experimental studies demonstrate that these algorithms can reduce
the size of the required intermediate non-volatile memory by 84% for fixed-point multiplication.

(3) Third, we introduce an algorithm for reorganizing data layouts, which transforms sparse matrix-vector-
multiplication (MVM) operations into dense blocks. This re-organization enhances hardware utilization and
reduces the data transfer across inter-crossbars for in-memory MVM operations.

(4) We evaluate the LOGIC framework using 15 scientific computing applications from the Suite Sparse Matrix
Collection [10]. Compared to the state-of-the-art approach presented in [3], LOGIC achieves substantial

improvements, enhancing area, latency, and energy efficiency by factors of 4.8 x, 2.6 x, and 11 X, respectively.

The organization of this manuscript is as follows: Section 2 presents the preliminaries. The LOGIC framework is
introduced in Section 3. Section 4 and 5 outline the synthesis steps. A data layout re-organization algorithm is proposed
in Section 6. The experimental evaluations are presented in Section 7. Summary and future research are discussed in
Section 8.
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Fig. 1. (a) MAGIC-style in-memory logic operation and, (b) parallel logic operations in parallel crossbar rows.

2 Preliminaries

In this section, we first provide a concise overview of the fundamental principles associated with digital in-memory
computing. Next, we describe the state-of-the-art approach of breaking down arithmetic operations into in-memory

kernels using manually crafted templates.

2.1 Digital In-Memory Computing using MAGIC

MAGIC [31] is one of the most widely adopted logic styles for digital in-memory computing. In this section, we explain
the utilization of MAGIC for carrying out logic NOR operations. Note that NOR is a universal gate, meaning any Boolean
function can be represented using a netlist exclusively composed of NOR gates [11]. Figure 1(a) illustrates a circuit
capable of executing MAGIC INV and NOR?2 operations. The memristors labeled as in;., serve as inputs to the NOR gate,
and the memristor labeled as out generates the output of the NOR operation. A MAGIC operation consists of two key
steps. In the initialization step, the input memristors are set to either the high resistance state (HRS), or the low resistance
state (LRS). At the same time the out memristor is set to LRS. The HRS and LRS corresponds to logic “0", and logic “1",
respectively. In the execution step, a controlled voltage Vj) is applied to the input memristors, and the output memristor is
grounded. This results in the evaluation of the output of the NOR operation in the out memristor. These steps are shown
at the top of Figure 1(b). When memristors are organized in crossbars, parallel NOR operations can be executed. The

bottom part of Figure 1(b) illustrates the execution of a parallel INV and NOR2 operation.

2.2 Manually Designed Templates for Arithmetic Operations

In this section, we review the standard approach of decomposing arithmetic operation into digital in-memory compute
kernels. The state-of-the-art in-memory computing paradigms use a manually crafted template based approach for
this decomposition [16, 57]. We explain the decomposition of addition and fixed-point multiplication into in-memory

computation kernels in the following sections.

2.2.1 Addition. A 1-bit full adder can be decomposed using NOR-only operations. The NOR-only netlist for a 1-bit
full adder operation can be written as follows,
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Fig. 2. Decomposition of addition operation into in-memory kernels. (a) Partitioning of a crossbar row into task-specific cell
groups and, (b) execution flow of the NOR-only netlist of C,,,.

Cour = (A+B)+(A+Cin)+(B+Cin)

Sum = (A+B+Ciy))+{(A+B+Ciy))+Cpus }

Here, A and B are the input operands and Cj,, and C,,, are the carry-in and carry-out bits respectively. Figure 2 illustrates
the in-memory adder operation where a single row of crossbar is used to perform the computation. In this approach, the
crossbar row is partitioned into three groups of memristors cells [57]: the input storing cells, the functional cells, and the
output storing cells, as shown in Figure 2(a). The functional cells sequentially perform the intermediate NOR operations
to generate the Sum and C,,;. For instance, the execution flow of the sequential NOR operations within the C,,; netlist
is shown in the Figure 2(b). The C,,; bit is evaluated using three 2-input NOR operations shown in Figure 2(b) (i)-(iii)
followed by one 3-input NOR operation shown in Figure 2(b) (iv).

2.2.2 Fixed-Point Multiplication. An n-bit fixed-point multiplication can be decomposed into sequential adder
operations of the partial products [16]. For instance, Figure 3 illustrates the multiplication of two multi-bit operands, A
and B. Figure 3(a) shows the addition of the top two rows of partial products, PP; and PP>. The multi-bit addition can
be further decomposed into the 1-bit adder operation discussed in the previous section. The addition of PP, and PP,
generates an intermediate solution, IS. Next, 1S is added to the third partial product row, PP;, as shown in Figure 3(b).

This process is continued until all rows of partial products are sequentially processed.

3 The LOGIC framework

In this section, we present the LOGIC framework. An overview of the framework is shown in Figure 4.

The aim of the LOGIC framework is to accelerate applications that are dominated by sparse matrix-vector
multiplications. The framework is based on digital in-memory computing. It comprises three integral steps: (a) synthesis
of in-memory compute kernels, (b) execution sequence optimization, and (c) data layout re-organization. In the synthesis

step, the target arithmetic operation is synthesized into a netlist of in-memory operations. During the synthesis, the aim
Manuscript submitted to ACM



6 Rashed et al.

Partial
Products

Resolved
bits

L]
[ ] 1
Outputs | |

PP, (N-1 bits)+ PP,(N-bits)

PP;= i Partial Products
IS- Intermediate Solution

Fig. 3. Decomposition of fixed-point multiplication into addition of partial products.

is to minimize the size of the netlist. This step is detailed in Section 4. In the execution sequence optimization step, an
execution sequence for the in-memory operations within the netlist is generated. The goal of this step is to minimize the
number of intermediate memory cells while performing the in-memory operations. This step is described in Section 5.
The synthesis step and the sequence optimization step combined compose a library of execution sequences for different
in-memory arithmetic operations. This library is utilized to accelerate sparse matrix-vector multiplication operations. In
the data layout re-organization step, the data layout within large sparse matrices is reorganized into dense blocks of matrix
elements. The goal of this step is to improve the hardware utilization for in-memory sparse MVM operations. This step is

explained in the Section 6.
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Fig. 4. Overview of the LOGIC framework
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4 Synthesis of In-Memory Compute Kernels

In this section, we describe how rudimentary arithmetic operations (e.g., addition, multiplication) are synthesized into

in-memory NOR-INV netlists. The overview of synthesis flow is illustrated in Figure 5.

Hierarchical |DPecomposed Initial
Arithmetic Multiplier and |Computation|  Logic NEIIIS{ Technology _»Up dated
Operations Adder Synthesis Mapping | Netlist
Decomposition

Fig. 5. Synthesis of in-memory compute kernels.

The synthesis flow comprises three key steps: (1) hierarchical multiplier and adder decomposition, (2) conventional
logic synthesis, and (3) technology mapping. Step 1 involves a hierarchical decomposition of element-wise multiplication.
This step breaks down the multiplication operation into partial product computations and adder operations. In step 2,
the decomposed computations are synthesized into an initial NOR-INV netlist. This is achieved using a conventional
logic synthesis tool such as ABC [40] and a custom NOR-INV cell library. We exclude the specifics of this step in this
manuscript as we directly use the ABC tool to perform this step. In step 3, the ABC-generated netlist is optimized by

converting low fan-in gates into high fan-in gates.

4.1 Hierarchical Multiplier and Adder Decomposition

In this section, we adopt a hierarchical approach to break down arithmetic operations into smaller components. The
motivation for this decomposition is that the netlists of arithmetic operations tend to scale exponentially with higher
bit-widths of operands. A hierarchical decomposition limits this exponential growth in netlist size.

In the hierarchical decomposition approach, an r-bit multiplication operation is decomposed into sequential additions
of partial products. The decomposition converts the n-bit multiplication into a series of n-bit partial product additions
as illustrated in Figure 3. Next, the n-bit addition operation is further decomposed into a chain of m-bit additions. This
decomposition concept is illustrated with an example in Figure 6. The value of m is experimentally determined in

Section 7.2. The goal is to select a value of m that minimizes the NOR-INV netlist size of the overall computation.

- A@31) | —J—A@7) - A0:3)
32-bit [ pos)y | oo 4bit L _pyy | 4-bit B(03)
c.r adder | C, i Cr adder o adder Cy,
Sum(0:31) : Sum(4:7) Sum(0:3)

(a) (b)

Fig. 6. Hierarchical decomposition of adders. (a) a 32-bit full adder and, (b) an equivalent adder chain of 4-bit full adders.

4.2 Technology Mapping

In this section, we elaborate on the technology mapping step. The goal of this step is to reduce latency by minimizing the
number of in-memory operations in the initial netlist. This is achieved by merging the low fan-in gates to generate gates

with high fan-in. This process is illustrated using an example in Figure 7.
Manuscript submitted to ACM
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Fig. 7. Technology mapping: (a) initial netlist with gate encoding, (b) library of high fan-in gates, (c) cover of subject graph,
and (d) updated netlist.

In the technology mapping step, the NOR-INV netlist is first converted into a directed acyclic graph (DAG), G = (V, E).
The DAG representation of an example netlist is shown on the left of Figure 7(a). The corresponding gate encoding of
the DAG nodes is provided on the right of Figure 7(a). The gates in the initial netlist have low fan-ins of 1 — 3. We aim
to merge these low fan-in gates into higher fan-in gates. A representative cell library of higher fan-in gates is shown in
Figure 7(b). The cell library is utilized to cover the DAG in Figure 7(c). We use the DAGON [30] algorithm to solve
this DAG covering problem. The updated netlist with higher fan-in gates is shown in Figure 7(d). In this example, the
technology mapping step reduces the total number of nodes from 16 in the initial netlist to only 4 nodes in the updated
netlist. This reduction in nodes leads to a decrease in total in-memory operation cycles, resulting in a reduction in latency.

The latency improvement achieved from the technology mapping step is experimentally evaluated in Section 7.2.

5 Execution Sequence Optimization

In this section, we discuss the execution sequence optimization step. We first formulate the optimization problem. Next,
we present an optimal solution based on enumeration. Lastly, we provide two practical approaches to solve the sequence

ordering problem.

5.1 Problem Formulation

The input is a netlist represented using a DAG, G = (V, E), where each node in V corresponds to a in-memory operations
and each edge in E corresponds to a predecessor constraint. The objective is to process the operations while minimizing

the required intermediate storage. Let S denote a sequence of the |V| operations. This can be formalized, as follows:

i t(S; 1
m;ni:{(g???(‘v‘}cos( ) (D

s, n;<nj V@, j)€E, nj,nj €V

where S; is the first i nodes in S. The cost(S;) is the intermediate storage required after i nodes have been processed.
The cost(S;) is computed by forming a set U; = V \ S;. Next, let W; be the set of nodes in S; that have at least one edge
connected to a node in U;. The nodes in S; with no connections to a node in U; have been consumed and are not required
to be stored. The cost(S;) is finally defined to be |W;|.
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Fig. 8. (a) DAG representation of a half adder and, (b) enumeration of all the feasible execution sequences.

5.2 Enumeration of Execution Sequences

In this step, we outline a solution to the execution sequencing problem based on enumeration. Figure 8(a) shows the DAG

representation of a half adder. Here, the gates of the netlist are represented by @— nodes and, the primary inputs are

represented by @ and @ Figure 8(b) shows the enumeration of all the topological orders of the DAG nodes. S' — 58
represents the eight possible execution sequences of the nodes. We highlight the cost(S;) from Eq (1) for the left-most and
the right-most sequences in the figure. In the figure, the expired nodes represent the nodes that are no longer required for
any future node processing (i.e., they are not inputs to any future node). The memories occupied by the expired nodes
can be released and reused for future processing. The figure shows, the cost(S;) for sequence @—>@—>@—>@—>

is 3 and the cost(S;) for sequence @%@%@%@% is 4. The synthesis tool aims to minimize cost(S;) while
selecting a sequence. Based on the example, it is clear that the sequences with a lower cost process nodes in such an order
that the intermediate memory can be released early.

It is easy to understand that the enumeration of all possible sequences can lead to the selection of an optimum execution
sequence with minimum cost. However, this enumeration is computationally impractical for large DAGs where many
nodes are involved. The computational complexity of execution sequence enumeration is experimentally evaluated in 7.3.

For adders with higher bit-width resolutions, we develop two practical algorithms to generate a relatively small number
of sequences. The first algorithm is based on a node look-ahead covering of the system graph G and, the second algorithm

is based on a cone look-ahead covering of G.

5.3 Node Look-Ahead Algorithm

In this section, we propose a node look-ahead algorithm for generating in-memory execution sequences. The algorithm is
based on selecting to process a set of nodes that minimizes the intermediate memory cost the most. This cost minimization
is achieved by immediately releasing the memory that is no longer required for future computation. We define a term
effective inclusion cost (EIC) to drive the selection of nodes. Lets consider a set of nodes s that can be processed in order.
The EIC h(s) of the set is calculated as, A(s) = (memory cost of processing set s)—(memory released after processing s).
Our proposed look-ahead algorithm iteritively selects to process the set s of < k nodes that have the smallest EIC. The
algorithm is presented in Algorithm 1.
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Algorithm 1: Node Look-Ahead Algorithm for Execution Sequence Generation
Inputs: DAG, G = (V, E), node set size threshold, k
Output: Execution sequence, S;
main {

S <« ¢; // sequence initialization
N < total nodes in G; // pruning primary inputs
while size(S) # N do

/I nodes that meet predecessor constraint

C < find_candidate_nodes(G,S);

/I enumerating all candidate node sets of set size < k

T ={s1,52--- sy71} « construct_sets(G,C,k);

// find minimum EIC of all sets

Cpin < compute_min_EIC(T);

// pruning all set without minimum EIC

T ={s|,sh- sh-,l} <« prune_sets_cost(T ,Cinin)

s' < rand(T"); // random selection
S « SUs'; // ordered execution set

end
return S;

}

The input to the algorithm is the DAG representation G of the target netlist and a set size threshold k£ which defines the
maximum number of nodes in a set. The output of the algorithm is an execution sequence S. First, a pool of all candidate
nodes C is selected. We define a candidate node as a node that meets predecessor constraint, i.e., all inputs to the node
have already been processed. Next, the construct_sets function generates all possible set permutations {sy,s3 - - sm} of
candidate nodes where the set size is < k. Note that once a single node has been added to a set, we check if there are other
nodes that can temporarily be added to the candidate node set. To generate an execution sequence that has the best chance
of incurring minimum cost, the algorithm makes informed decision before including a set of nodes into the sequence. The
algorithm first evaluates and records the EIC for each of the candidate sets of nodes. The minimum EIC is also stored in a
parameter c¢,,i,. Next, all sets with an EIC higher than c,,;, are pruned out. If there are multiple candidate sets with the
minimum cost ¢,,;,, the algorithm selects one of these sets at random. After each expansion of the sequence, the DAG
and the candidate node pool are dynamically updated. The algorithm concludes when all the nodes within the DAG are
covered.

Since the algorithm contains a non-deterministic component (the random selection to break EIC ties), the algorithm
iteratively explores M different sequences and selects the sequence S that yields the minimum cost in Eq (1). The
synthesis tool memoizes the cost(S;) of the generated sequences of length /, which is called cost[/]. Whenever the cost of
a future sequence of length / is higher than cost[/], that sequence is terminated.

We illustrate the algorithm with an example in Figure 9. The figure shows the generation of an execution sequence for
the DAG of a half adder using a set size threshold k = 2. On the right of Figure 9(i), the target DAG of the half adder
is shown. Note that the nodes @, @, and @ already meet the predecessor constraint as inputs to these nodes are
exclusively the primary inputs @ and @ Figure 9(ii) shows the first expansion of the sequence. The figure shows that
there are nine feasible node sets that both meet the predecessor constraint and satisfy the set size threshold of k = 2. The
EIC (h(s)) for each of the nine sets is also shown in the figure. Here, the three node sets (each with one node) yield the

minimum EIC of h(s)=1. Therefore, a node set with minimum EIC (e.g., set @) is chosen at random. The resultant
Manuscript submitted to ACM
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Fig. 9. Node look-ahead algorithm for execution sequence ordering. The example shows a DAG-covering workflow for a
node set size threshold of k =2.

DAG cover is shown in the right of Figure 9(ii). The second expansion of the sequence is shown in Figure 9(iii). In this
expansion, the node set @%@ yields the minimum EIC of A(s)=0. Therefore, the algorithm includes the node set
@—)@ in the sequence. In the third expansion in Figure 9(iv), the node set @—> yields the minimum EIC of
h(s)=0. The algorithm, therefore, makes the informed decision of including the node set @% to the sequence. The
algorithm concludes when all the nodes of the DAG are covered.

5.4 Cone Look-Ahead Algorithm

In this section, we present a cone look-ahead algorithm for generating in-memory execution sequences. Similar to the node
look-ahead algorithm, the goal is to process nodes in an order that minimizes intermediate memory cost by immediately
releasing expired memory contents. However, contrary to the node-look ahead algorithm, the cone look-ahead algorithm
aims to explore sets of nodes where the nodes in a set are connected by edges in G. In particular, we define a cone (or a
set of nodes) to be the nodes in the recursive fan-in of a node n € V in G. The advantage of restricting the nodes to be
connected is that the number of possible sets of size k is much smaller, which allows sets of significantly larger size to be
considered. In the experimental evaluation, we observe that the node look-ahead algorithm is limited to sets of size 2 to 4
due to the runtime complexity. (The cone look-ahead algorithm can handle sets of arbitrary sizes.) At the same time, the
quality of the solutions are not degraded, this stems from that it is connected nodes that provide ample opportunities for
intermediate memory to be released.

The cone look-ahead algorithm is presented in Algorithm 2. The algorithm receives a DAG G and a cone size threshold
parameter k as inputs. k defines the maximum number of nodes that a cone can cover. The output is an execution sequence
S. The algorithm iteratively selects the cone of size k with the smallest effective inclusion cost (EIC), as defined in
Section 5.3.
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Algorithm 2: Cone Look-Ahead Algorithm for Execution Sequence Generation
Inputs: DAG, G = (V, E), cone size threshold, £
Output: Execution sequence, S;
main {

S <« ¢; // sequence initialization
N < total nodes in G; // pruning primary inputs
while size(S) # N do

/I extracting all possible cones in G

T ={c1,c2--- ¢|1} ¢ cone_extract(G,S);

// pruning of cones with more than k nodes

T = {C/l 76'2 C\,T’l} <« prune_cone_size(T , k);

// calculating min EIC for all cones in 7’

Cmin < calculate_EIC(T");

// pruning of cones with a cost higher than ¢,
T"={c],cf-- C\NT”\} < prune_cone_cost(T", Cpin)
c" < rand(T"); // random selection

S « Suc”; // ordered execution set

end
return S;

}

First, the algorithm utilizes the cone_extract function to enumerate all possible cones {cy,cp - T }. Next, all cones
with size > k are removed using the prune_cone_size function. {c/,c} - CiT’\} contains the candidate cones to be
included in the execution sequence. Next, the EIC Ah(c) is computed for all the candidate cones and the minimum cone
cost ¢y 1s recorded. Next, all cones that do not have the minimum cost are pruned using the prune_cone_cost function.
Similar to the Algorithm 1, the algorithm next makes a random selection from the cones with minimum EIC. After a
cone is selected, the DAG is dynamically updated to consist only the non-covered nodes N \ S. The sequence generation
concludes when N\ S = ¢.

The algorithm explores M different execution sequences and selects the sequence S that yields the minimum cost in
Eq (1). A similar memorization and pruning technique as in Algorithm 1 is implemented to eliminate the impact of the
non-deterministic behavior of the random selection of equal cost cones.

We illustrate the workflow of Algorithm 2 with an example in Figure 10. Figure 10(i) shows the target DAG of a half
adder. In Figure 10(ii) we explore all the cones of the nodes of the DAG. The DAG consists of five cones originated from
the nodes @ — . The cones are extracted in Figure 10(iii). The values of k for the extracted cones range between
1 —5. In this example, we impose a threshold value of k = 3. Based on the threshold, the cones are next pruned for k > 3
and the EIC of the candidate cones are evaluated in Figure 10(iv). The figure shows that the cone @ — @ — @ yields
a minimum EIC of —1. The algorithm therefore selects the cone for processing as shown in the Figure 10(v). The DAG
is next dynamically updated in Figure 10(vi)—(vii). The cones from the updated graph are explored and extracted in
the Figure 10(viii)—(ix). After pruning for k > 3, EIC of the candidate cones are calculated in the Figure 10(x). The
figure shows that the cone @ — — @ yields a minimum EIC of —3. The algorithm processes the cone in the

Figure 10(xi) and concludes the node covering.
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Fig. 10. Cone look-ahead algorithm for execution sequence ordering. The example shows a cone-covering workflow for a
cone-size threshold of k = 3.

6 Data Layout Re-Organization

In this section, we present a novel algorithm to enhance the hardware utilization of in-memory sparse matrix-vector-
multiplication (MVM) operations. The primary objective of this algorithm is to improve the hardware utilization and
reduce the expensive inter-crossbar data transfers when performing in-memory MVM operations using sparse matrices.
The key idea of the algorithm to reorganize the data layout of unstructured sparse matrices before decomposing them into
the in-memory hardware.

The current state-of-the-art approach for decomposing MVM into crossbars involves organizing the matrix operands in
a row-wise manner within the crossbar and then performing row-parallel arithmetic operations [3, 24]. This row-wise

arrangement ensures that all the arithmetic operands related to a specific output vector element are situated within the

0 Journals 0 eris1 j 76 0 Shifted eris1176
50 Bgiges 500 500
100 1000 1000
0 50 100 0 500 1000 0 500 1000
nz = 12068 nz = 18552 nz = 18552
(a) (b) (c)

Fig. 11. Matrices from the SuitSparse matrix collection [10]. (a) Dense matrix Journals, (b) sparse matrix eris1176 and, (c)
row-wise shifted eris1176 matrix. A black dot in matrix represents a non-zero data, and the white parts represent zero values.
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same row of the crossbar, eliminating the need for inter-row data copying. This method works efficiently with dense
matrices such as the Journals matrix in Figure 11(a).

Unfortunately, the majority of matrices found in physical systems tend to be sparse. Figure 11(b) illustrates an example
of a sparse matrix erisl176. We observe that a naive row-wise alignment of data for sparse matrices results in hardware
under-utilization due to that a significant hardware resource is wasted on arithmetic operations on operands with a zero
value. To maximize hardware efficiency, a denser data layout is required. For instance, Figure 11(c) demonstrates a
row-wise shifting of the operands within the eris/ 176 matrix, ensuring a more compact assignment of matrix operands
within crossbars. This denser arrangement translates to reduced hardware requirements and fewer inter-crossbar data
transfers.

However, an interesting new challenge related to the routing of corresponding input vector operands arises from this
data re-organization technique. In a regular dense matrix, the routing resources can be shared among all the crossbar rows.
However, with a potentially extreme shifting shown in the Figure 11(c), each row of the shifted matrix is multiplied by a
unique vector v C V where V is the original input vector. This results in that the routing of input vector to each crossbar
row is required to be pipelined which voids the massive parallelism opportunity of row-parallel computing. Additionally,
the enumeration complexity of all subsets of the input vectors is O(R) where R is the number of matrix rows.

To address this challenge of input vector routability, we propose a novel data layout re-organization algorithm. We
illustrate this concept with an example matrix segment shown in Figure 12(i). The primary objective of this algorithm is
to reorganize the matrix operands in a manner that allows all rows within a crossbar to share the same set of input vector

routing resources. This is achieved through a series of operations:

e Padding: this operation performs padding on matrix columns containing at least one non-zero element
(Figure 12(ii)).
o Shifting: this operation horizontally shifts the matrix columns with non-zero elements (Figure 12(iii)).

e Cleaning: this operation removes the padded elements from the shifted matrix (Figure 12(iv)).

indices: 1 2 3 4 5 6

(i) Original Aiz Ay 0

AZZ 0 A26

- A A X
(i) Padded 1 1

Ay X Ay

indices: 2 4 6

(iii) Shifted | Az | A | X
A22 X A26
. A A 0
(@iv) Cleaned 12 L
AZZ 0 A26

Fig. 12. Sparse matrix data layout re-organization
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Fig. 13. Data layout re-organization of eris1176 matrix.

Note that the set of shifted column indices for both matrix rows is {2, 4, 6}, meaning that both shifted rows are multiplied
by the 274, 4™" and 6" elements of the input vector. For a crossbar dimension of P x Q, this algorithm guarantees that all
P rows of the crossbar share the same subset of the input vector. This also reduces the complexity of enumerating the total
subsets of input vectors from O(R) to O(R/r), where r is the row dimension of the partitioned matrix blocks.

Figure 13 presents the data layout re-organization workflow for the sparse matrix eris/176. Figure 13 (a) illustrates a
blocked representation of the original matrix. This blocking step is required when the matrix row dimension exceeds the
row dimension of crossbars. This decomposition of the matrix ensures that each of the smaller blocks can be parallelly
processed in different sets of crossbars. In our architectural setup, we utilize crossbars with dimensions of 128 x 128. In
Figure 13 (a), each block consists of 128 rows, matching the number of rows in the crossbar. Each block is multiplied by
a unique subset of input vector elements, which are parallelly routed to all rows within the corresponding crossbars. The
padding operation is shown in Figure 13 (b). This operation increases the number of non-zero elements from the original
18,552 to 224,992. Next, the shifting and cleaning operations are displayed in Figure 13 (c) and (d), respectively. After

cleaning, the number of non-zero elements equals the original matrix’s count.

7 Experimental Evaluation

In this section, we experimentally evaluate the performance of the LOGIC framework. For the experiments, we use an
Intel Core 19 3.60 GHz octa-core processor with 64 GB RAM. We develop the synthesis tool using a blend of C++ and
MATLAB codes. We also use the ABC tool [40] to convert our target computation into an initial Boolean netlist.

We first present the architecture in Section 7.1. Next, we evaluate the effectiveness of the synthesis steps of the
LOGIC framework in Section 7.2. Next, we evaluate the performance of the proposed sequence optimization algorithms
in Section 7.3. Subsequently, we perform a comparative performance evaluation of the proposed framework with the
state-of-the-art in Section 7.4. We first evaluate the framework for arithmetic operations in Section 7.4.1. Next, we present
a comparative evaluation of different frameworks for scientific computing applications in Section 7.4.2. The overview of

the selected benchmarks from the Suite Sparse Matrix collection [10] are listed in Table 2.

7.1 Architecture

In this section, we present the architecture of the LOGIC framework. Figure 14(a) provides an overview of the architecture.
The architecture comprises multiple accelerator tiles, each embedded with an array of processing elements (PE). Input
and output registers (IR/OR) facilitate the transfer of input and output operands, respectively. An eDRAM buffer serves to
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Table 2. Scientific computing applications from the SuiteSparse Matrix collection [10].

Applications  Systems Matrix Dimensions  #Non-zeros
eris1176 Power Network Problem 1176 x 1176 18552
cegb2919 Structural Problem 2919 x 2919 321543
raefskyl Computational Fluid Dynamics 3242 x 3242 293409
fxm3_6 Optimization Problem 5026 x 5026 94026
Na5 Theoretical/Quantum Chemistry 5832 x 5832 305630
EX5 Combinatorial Problem 6545 x 6545 295680
fp Electromagnetics Problem 7548 x 7548 834222
ex40 Computational Fluid Dynamics 7740 x 7740 456188
benzene Theoretical/Quantum Chemistry 8219 x 8219 242669
besstk33 Structural Problem 8738 x 8738 591904
graham1 Computational Fluid Dynamics 9035 x 9035 335472
net25 Optimization Problem 9520 x 9520 401200
bundlel Computer Graphics/Vision 10581 x 10581 770811
SilOH16 Theoretical/Quantum Chemistry 17077 x 17077 875923
Goodwin_040  Computational Fluid Dynamics 17922 x 17922 561677

store intermediate results and routing indices of MVM operands. A high-speed bus facilitates communication among PEs,
storage units, and the I/O interface. The components of a PE are shown in Figure 14(b). A PE is composed of several
memristor crossbars arranged in a row-parallel configuration. Each crossbar has a dimension of 128 x 128. Routing blocks
(RB) and drivers are employed to configure the crossbars. Row-parallel-copying (RPC) circuits and sense amplifiers
(SA) enable inter-crossbar data transfer [24]. Figure 14(c) illustrates the cross-section of a routing block, where each
intersection of nanowire within the RB incorporates a memristor that functions as a routing switch.

This architecture is particularly attractive as it offers a high degree of parallelism for MVM-dominated applications.
For example, all decomposed blocks of an MVM operation can be executed in parallel, with each block assigned to a

dedicated set of row-parallel crossbars.

PE= processing element

é L IR= input registers
- 1 OR= output registers
[ P || P || PE || PE | RB= routing block

RPC= row-parallel copying
SA= sense amplifiers

[ (controller) [1IR] [OR] ‘B
1 | |
gt LR ] [OR] [epram Cr ) C R D)
Se, L —— o | [s5F 5
Til N T S =2 a2 G-
iles |5 L
\ e .
VBT R D Cre
\ () .|
\ R 9
“\, L= g% é gEQ..
P I

Fig. 14. (a) Overview of the architecture, (b) components of a processing element and, (c) architecture of the routing block
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Table 3. Area-Power Cost of Architectural Components

Component Parameter Specs Area Power
Crossbar size 128 x 128 25 um2 0.30 mW
Sense Amp. # unit 128 7.14 umz 0.29 mW
Controller # unit 1 400 pm? 0.65 mW
RB # unit 1 12 pm? 0.01 mW
eDRAM Buffer size 128 KB 0.17 mm? 41.40 mW
IR size 16B 1680 um? 0.0l mW
OR size 16 B 46.88 um®  0.02 mW

Bus bandwidth 128-bits 15.70 mm? 13 mW
Local Bus #wires 128 0.03 mm? 2.33 mW

Table 3 summarizes the area-power costs of different architectural components. The per-unit costs are appropriately

adapted from previous works [24, 25, 32, 52]. The cross-architecture data transfer costs are adapted from [56].

7.2 Evaluation of Synthesis Steps

In this section, we experiment with the steps of the synthesis flow within the LOGIC framework. The experiments are
designed to determine optimum parameters for the LOGIC framework and to evaluate the effectiveness of different
synthesis steps.

Hierarchical Adder Decomposition: The first step of the synthesis of in-memory compute kernel is the hierarchical
decomposition of element-wise multiplications into partial product addition operations. The optimal adder bit-width
m for this decomposition is experimentally determined using the ABC tool [40]. ABC generates the netlists of adders
with different bit-widths. A custom cell library is used such that the generated netlists consist only NOR gates of
variable fan-ins. In Figure 15, we present a trend of memory cost and time-steps for adders with variable bit-widths. For

comparison, the results are normalized with respect to per-bit addition. The result shows that the intermediate storage cost

N o o
ES ) ©

Norm-Intermediate Storage
o
[Ny

0
0 10 20 30 0 10 20 30
Adder Resolution (Bits) Adder Resolution (Bits)
(@ (b)

Fig. 15. Intermediate storage and time steps with respect to adder bit-width.
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Fig. 16. Number of total gates before and after the technology mapping.

linearly grows for higher bit-width adders. However, the time-step trend does not follow a linear trajectory. The trend
shows a minima point for the adder with a bit-width of 8. It is noteworthy that the ABC tool is based on heuristics. This
limitation of ABC contributes to the noise in the time-step trend. Based on this experimental observation, we choose an
adder decomposition of 8 bits to reduce the energy and latency costs.

Technology Mapping: In the technology mapping step, low-fan in gates are merged to create higher fan-in gates.
Therefore, the total number of gates are reduced. Figure 16 shows a comparison of total gates before and after technology
mapping for adders with different bit resolution. The result shows, on average the technology mapping reduces the number
of total gates by 4%. This reduction in gates translates into reduction of in-memory operations and in turns a reduction in

overall latency.

7.3 Evaluation of the Sequence Optimization Algorithms

In this section we compare the performance of the proposed algorithms. We first perform sensitivity analysis for each of

the algorithms. Next, we compare the effectiveness and the complexity of the proposed algorithms

7.3.1 Sensitivity Analysis of the Enumeration-based Algorithm. The enumeration-based algorithm can ensure
an optimal solution for the execution sequence optimization problem. Unfortunately, an exhaustive enumeration of all
possible execution sequences will result in an exponential increase in the runtime for adders with higher bit-widths. Table 4
shows the scalability issue of the enumeration-based algorithm for adders with different bit-widths. The table shows that
the number of execution sequences increases exponentially with the number of nodes in the DAG. For instance, a 2-bit

adder with a mere 16 nodes generates more than 3 million feasible execution sequences. The enumeration was unsuccessful

Table 4. Scalability Issue of Enumeration-based Algorithm.

Adder Nodes # Total Runtime

Description (# NOR/INV) Topological (minutes)
in DAG Sequences

half adder 5 8 2.1%x1073

full adder 11 856 4.5%x1073

2-bit adder 16 3170496 40.8

2-bit full adder 19 - -
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Fig. 17. Distribution of intermediate storage cost for 100 different iterations of the node look-ahead algorithm for adders with
different bit resolutions. The distribution results from the random selection of node sets while breaking ties.

for adders with a higher number of bits such as a 2-bit full adder (2-bit adder + carry). These results emphasize that a

more practical algorithm is required to generate the execution sequences for adders with higher bit-widths.

7.3.2 Sensitivity Analysis of the Node Look-Ahead Algorithm. We first perform a sensitivity analysis to show

the effect of random node set selection (to break ties between candidate node sets) in the node look-ahead algorithm.

The Figure 17 shows distribution of intermediate storage cost for 100 different iterations for adders with different bit

resolutions. We consider a set size threshold of k = 1 for this analysis. As shown in the figure, the intermediate cost

may vary in different iterations due to the random selection step in the algorithm. The algorithm runs for M (=100 here)

iterations and selects the sequence that requires the minimum intermediate storage cost.
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Fig. 18. Sensitivity analysis of the node look-ahead algorithm for variable values of k. (a) Number of intermediate storage for
different adder bit-widths. (b) Runtime/Iteration for different adder bit-widths.
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Next we illustrate the area-runtime performance of the node look-ahead algorithm for different values of k in Figure 18.
Figure 18(a) shows the trend of the intermediate storage requirement for adders with different bit-widths. It can be
observed from the figure that with higher values of k, the intermediate storage requirement gradually reduces. However,
for higher values of k, the runtime of the algorithm becomes prohibitively large for adders with higher bit-widths. For
instance, for k = 4 and adder bit-width of 14—bits, each iteration of the node look-ahead algorithm incurs an average
runtime of 25 hours. The average runtime/iteration for different values of k is shown in Figure 18(b). The exponential

growth in runtime is caused by the exhaustive enumeration of all the sets of k£ nodes within the node look-ahead algorithm.

7.3.3 Sensitivity Analysis of the Cone Look-Ahead Algorithm. We first perform a sensitivity analysis to show the
effect of random cone selection (to break ties) in the cone look-ahead algorithm. The Figure 19 shows distribution of
intermediate storage cost for 100 different iterations. We consider a cone size threshold of k = 3 for this analysis. The
figure shows, compared to the node look-ahead algorithm, the cone look-ahead algorithm is less effected by the random
selection step in the algorithm. The algorithm runs for M (=100 here) iterations and selects the sequence that requires the

minimum intermediate storage cost.

Intermediate Storage Cost
0

1. 2 3 4 5 6 7 8 9 10 11 12 13 14 15 16
Adder Bit Resolution

Fig. 19. Distribution of intermediate storage cost for 100 different iterations of the cone look-ahead algorithm for adders with
different bit resolutions. The distribution results from the random selection of cones while breaking ties.

Figure 20 shows the area-runtime performance of the cone look-ahead algorithm for different values of k. The
intermediate storage requirement for adders with different bit-widths is shown in Figure 20(a). The figure shows that the
intermediate storage requirement significantly reduces for k > 3. However, the storage improvement tends to saturate
for higher values of k (e.g., k = 15,25). Interestingly, for even higher values of k (e.g., k = 50, 100), the results tend to
deteriorate. This is due to that for higher values of k, the algorithm selects some large cones during sequence generations.
While these cones may generate local minima (EICs), the overall results become worse.

The average runtime/iteration for different values of k is shown in Figure 20(b). It can be observed that the algorithm is
very efficient even for adders with higher bit-widths. Each sequence exploration concludes within seconds for different
values k.

7.3.4 Comparison of Different Algorithms. In this section, we compare the effectiveness of different algorithms while

generating execution sequences. Table 5 shows the intermediate memory cost for different algorithms while performing
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Fig. 20. Sensitivity analysis of cone look-ahead algorithm for variable values of k. (a) Number of intermediate storage for
different adder bit-widths. (b) Runtime/Iteration for different adder bit-widths.

adder operations of different bit-widths. For the enumeration algorithm, we enumerate all feasible execution sequences for
the adders as shown in Table 4. On the other hand, we run the node look-ahead and cone look-ahead algorithms for only
100 iterations to generate 100 execution sequences (and select minimum cost sequence). Note that these 100 iterations
correspond to M = 100 in the node look-ahead and cone look-ahead algorithms. For this evaluation, we use k = 1 and
k = 3 for the node look-ahead and cone look-ahead algorithms, respectively which are the minimum k values for either
algorithm. As previously shown in Table 4, the enumeration algorithm fails to scale for adders with higher bit-widths.
Therefore, a direct comparison among different algorithms could only be performed for adders with bit-widths up to 2-bit.
Table 5 shows that both the node look-ahead and cone look-ahead algorithms incur the same memory cost as the optimal
enumeration algorithm for smaller adders. While it is expected that the proposed look-ahead algorithms might not be able
to achieve optimal results for adders with higher bit-widths, we show in the next section that the proposed algorithms are
capable of generating an execution sequence within a practical runtime that substantially minimizes the intermediate

memory cost.

7.3.5 Comparison of the Practical Algorithms: Node Look-Ahead vs. Cone Look-Ahead. In this section we
compare the performance and complexity of the node look-ahead and the cone look-ahead algorithms. We first define a
baseline random algorithm to compare the improvements achieved by the proposed algorithms. The random algorithm

is based on generating execution by performing entirely random sampling of candidate nodes. Unlike the proposed

Table 5. Performance Comparison of Different Algorithms.

Adder Intermediate Storage Cost
Description for Different Algorithms
Enumeration  Node Look-Ahead  Cone Look-Ahead
half adder 3 3 3
full adder 4 4 4
2-bit adder 5 5 5
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Fig. 21. Comparison of the performance of different practical algorithms. (a) Normalized cost for intermediate storage for
different adder bit-widths. (b) Normalized Runtime/Iteration for different adder bit-widths.

algorithms, the random algorithm does not make any informed decision while including a candidate node into the execution
sequence. Instead, the algorithm simply assigns an equal EIC to all the candidate nodes. For the node look-ahead algorithm,
we utilize the results for k =2 as we were unable to generate the results for adders with higher bit-widths for k > 2. For
the cone look-ahead algorithm, we utilize the results for k£ = 25.

Figure 21(a) shows the comparative intermediate storage requirement of different adders using different algorithms.
The figure shows, compared with the random algorithm, the node look-ahead algorithm reduces the intermediate memory
cost on average by 41%. However, the cone look-ahead algorithm achieves the best performance of the three algorithms.
The algorithm reduces the intermediate memory cost by an additional 19% on average compared with the node look-ahead
algorithm. This superior performance is the result of that the cones within the cone look-ahead algorithm are essentially
trees of nodes. When a cone is processed, it is more likely that some of the child nodes of that tree gets expired and the
corresponding memory can be released.

Figure 21(b) shows the average runtime/iteration for different algorithms. The figure shows that the random algorithm
incurs the least runtime. This is expected as the random algorithm simply makes un-informed random choices while
generating execution sequences. On the other hand, the node look-ahead algorithm incurs the worst runtime. This can
be explained using the time complexity of the node look-ahead algorithm. The time complexity of the node look-ahead
algorithm is O(N x vky where V is the total number of nodes in the DAG, k is the maximum size of the sets constructed
from the candidate nodes, and, N = (V'\ primary input nodes). Due to the exponential dependence on k, the node look-ahead
algorithm scales poorly. On the other hand, the time complexity of the cone look-ahead algorithm is O(N x(V + E)) where
V is the number of nodes, E is the number of edges in the DAG, and, N = (V\ primary input nodes). It is evident that the
cone look-ahead algorithm scales much better compared to the node look-ahead algorithm. This can be experimentally
observed in the figure where the cone look-ahead reduces the runtime by 991 on average compared to the node

look-ahead algorithm.
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Fig. 22. Area-latency overhead comparison of the proposed synthesis approach with the state-of-the-art in-memory
computing approach SIMPLER [3].

From the experiments, we can conclude that the cone look-ahead algorithm provides superior performance and
efficiency compared to the other algorithms. Therefore, in the following section we will incorporate the cone look-ahead

algorithm into the LOGIC framework to compare with the state-of-the-art.

7.4 Comparison with the State-of-the-Art

In this section, we present a comparative performance evaluation of the proposed framework and the state-of-the-art

computing framework.

7.4.1 Element-wise Arithmetic. Figure 22 shows a comparative area-latency evaluation of the proposed and the
state-of-the-art SIMPLER [3] paradigms for in-memory arithmetic operations. The results show, that for variable bit-width
fixed-point multiplications, the LOGIC framework reduces the area cost by 84% on average. Additionally, the latency is
improved by 20% on average for the LOGIC framework. These improvements are accumulated over different steps in the
synthesis process. For instance, the logic synthesis step within the LOGIC framework utilizes an automated synthesis flow
using ABC. This advanced automated synthesis reduces the number of total gates compared to the manually synthesized
netlists in the state-of-the-art. Additionally, the technology mapping step further reduces the number of total gates as
shown in Section 7.2. This reduction in gates translates into reduction of in-memory operation and therefore a reduction
in overall latency.

From the experimental results it is clear that compared with the manual decomposition-based approach, the proposed

automated synthesis-based approach is substantially superior in performance.

7.4.2 Evaluation of Scientific Computing Application. In this section, we evaluate the performance of the LOGIC
framework using sparse MVM dominated scientific computing applications.

Systems of linear equations are solved using generalized minimal residual method (GMRES) [50] and conjugate
gradient method (CG) [9]. These method are centered on iteratively refining the system solution by performing an MVM
operation in each iteration. The iterative MVM operations are the dominating computation in these processes. We aim to

employ the LOGIC framework based in-memory computing platform to accelerate these costly MVM operations.
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Fig. 23. Comparative overhead evaluation of the proposed and the state-of-the-art SIMPLER [3] frameworks for 15 scientific
applications from SuiteSparse Matrix collection [10].

In Table 2, we select 15 benchmarks from the Suite Sparse Matrix collection [10]. The selected matrices are from
different scientific domains and offer different sparsity patterns. We perform a comparative evaluation of area-latency-
energy overhead with respect to the SIMPLER framework which is the state-of-the-art in-memory paradigm for MVM
operations [3]. We evaluate LOGIC for both with and without data-layout re-organization. The comparative results are
shown in Figure 23.

The results show that the LOGIC framework (without data layout reorganization) achieves area-latency-energy
improvements in the order of 2.3, 1.2x, and 2.7 x respectively when compared with SIMPLER [3]. These improvements
are the result of that in LOGIC, each arithmetic operation is performed within a more compact area and with fewer time
steps. Additionally, the cross-architecture data communication is reduced as fewer crossbars are required. This directly
translates into improvement in latency and overall energy consumption.

The results also show that LOGIC (with data layout organization) further improves area-latency-energy in the
order of 2.1x, 2.2x, and 4.1 x, respectively when compared with LOGIC (without data layout re-organization). These
improvements are the results of a more efficient alignment of the matrix and input vector data within the architecture.
The denser data layout further reduces the cross-architecture data communication cost which significantly improves the
latency and energy efficiency.

From the results, it is evident that the proposed automated synthesis-based framework shows remarkable improvements
over the manual template-based state-of-the-art framework [3]. These improvements are the result of the progress made in

logic synthesis over the previous decades.
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8 Conclusion

In this paper, we introduce the LOGIC framework which is designed for the efficient translation of high-level applications
into digital in-memory compute kernels. Our framework incorporates automated techniques that reduces the number of
in-memory computing operations which in turns reduces the required time-steps for execution. Additionally, we optimize
the sequence in which these in-memory operations are executed to minimize the utilization of non-volatile memory for
storing intermediate data. Furthermore, we propose a method for re-organizing data layouts to transform sparse MVM
operations into dense MVM operations, thereby reducing inter-crossbar communication. When compared to manually
designed template-based approaches, our approach demonstrates significant improvements in area, latency, and energy
efficiency by factors of 4.8, 2.6, and 11x, respectively. In our future research, we intend to extend the capabilities
of LOGIC to enable the automatic decomposition of entire multiplications without relying on a hierarchical approach.

Additionally, we plan to explore the integration of LOGIC with other digital in-memory computing logic styles.
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